Theorem 4.7 If f isuniformly continuous on (a. b), then f hasa continuous
extension to |a, b].

Theorem 4.2 If f : [a.b] — R is continuous on [a, b], then f has an
absolute maximum and an absolute minimum on [a, b).

Theorem 6.2 A bounded function f is in R[a, b] if and only if for every

¢ > 0 there is a partition P of [a, b] such that U(P. f) — L(P. f) < &.

Theorem 6.7 If f is continuous on [a, b], then f is in R]a, b].

n,?
M U, Thorm 6.1, ek €20

- - ~

! VoS LA ITTOMUA (v (UL .

L) ’ N
(@ LTI ‘1\?‘)

oL ¢ = %50 o exists §,70 aude Huat

2 x’e (a6} omd |2/ <3, Ty \Foery- b)) < ¢

44 Pellav) awth UP(<8, . Thm § hs & moax omd

win o 25 21 (Thusan 4.1)

M; = i SR £ )8 = $(1) B some a; Rt 467

wi =ik SR LGS = H) e some prelag 4]

MI pine 91,0, 6 [zt‘ﬂ,')(;] ond Ax; <3, ‘H"‘w\-l“\:"ﬁi‘ 43}
' L n




Proposition 6.4 Lct f and g be in R[a, b], with f(x) < g(x) for all x in

— |a,b]. Thcnfa f =] ’g. o

|

|
—— Theorem 4.3 (Intermediate Value Theorem) Let f : [a. b] — K be contin- -
— uous on [a, b]. Assume that f(a) #% f(b). Then, for any k between f(a) and
~ f(b), thereis acin |a, b] such that f(c) = k. |

l
~ Theorem 6.8 (First Mean Value Theorem) If f is continuous on [a, b], then
 thereisacin [a, b] such that [” f = f(c)(b — a).
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Proposition 6.3 Let f and g be in R[a, b] and let ¢ be in R. Then f + g
and cf are in R[a, b], and

b b b
/(f:tg)=/ fi/ g
\

Theorem 6.2 A bounded function f is in R[a, b] if and only if for every
¢ > 0 there is a partition P of [a, b] suchthat U(P, f) — L(P, f) < e&.

Theorem 6.9 If f is monotone on [a, b], then f is in R|a, b).
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